Series 1

Arithmetic Sequences and Series

Worksheet S, |y tions

1. Express each of the following series in sigma notation.

(a) 1+2+3+..+n

(b) 1+5+5+..+

() 5+3+3+..+%5
(d) =141=2+..+(=1)"(n—1!+ ...

(e) cos(f) + cos?(0) + cos®(0) + ... + cos®(0)
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Series 1

2. For each of the following arithmetic sequences:
i. Find the 64th term of the sequence.
ii. Find the sum of the first 14 terms of the sequence.

(a) —8,—4,0,4, ...
(b) 62,61,60,59, ...
(c) 7,23,39,55, ...

(d) 1,3,2,3, ..

S
(€) —1,-7,—13,—19, ... S - Z@C‘ + Q’DJ)
n) R f do o, A N E)

po = () 2
4 [ .
Sy = 7_< § + (YY) = 252

LYy - 61, Aol A b2 - (k1)

Reg = 62— 63 T |
S((,( - 1/7% 2@?>+ IBC/1>> - 77‘7

Y a= F, odT 14, s 7+ Lk
Moy = F4 CH) o 15
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3. An arithmetic sequence has first term 2 and final term 48.

Given that the sequence has twelve terms, find the sum of all terms in the
sequence.

a- , (= 4§
4] = Z%QZ’))A

~ =t
n h -

Swt oz (e ()

— 300
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4. An arithmetic sequence has 11th term 30. The sum of the first 11 terms of
this sequence is 55. What is the common difference for this sequence?

N N T

302 v+ lod 552 & (zated)
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5. An arithmetic sequence has final term [ = 6 and common difference d :3.

Given that the sum of all terms in the sequence is O , find the first term
of the sequence and the total number of terms in the sequence.

ng/ di/}
A (20t 3 () =24
b= ot Q)3
T = (2o +3(01))
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C’Aﬂm — C/

0= A ((204-m)+ 3Ca-1))

O -~ A Q[K/‘éﬂ +3/>’3)
0~ o (15-27 )

k 2
O = 5~ =20 T %’C‘,\% —0
20 (n-5) <o = > Nt v N9
N<o Ao(&,} f% S—%
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6. The sum of the first 32 terms of an arithmetic sequence is 1864. The sum of
the first 10 terms of the same sequence is 395.

(a) Find an expression for the nth term of this sequence.
(b) Find the 100th term of the sequence.

(c¢) After how many terms does the sum of the sequence exceed 20807

RN %\(of))

=) \&6L(i ]é(zavL f’)lam)
- K6y = P2t 49éd

5. = BC/‘Silz‘i QaJrM)

=S 295 T oo a5
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Q.= 2+ 99 ( = \7‘65/
X LI%

ﬁ(z(gﬁf F o (L) ) > el
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. . . 2 . .
7. A container is leaking at a constant rate of Zm (. per minute. Given that the
container is initially full of6.YlitreSof water, calculate how long it will take
for all water to have left the container.

Gl buos — (o) e
o~ Yo —Z(f1)
0 Gidee = (k-1
b o\ - Gude
P~ wadel 20U e ming
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8. Consider an arithmetic sequence with first term a and common difference d
where a,d € R.

Let S=a+(a+d)+(a+2d)+ ...+ (a+ (n—1)d.

Show that S = 2(2a + (n — 1)d).
ST (@t end) k Cotmnd ). ) o
ST A+ d (e Hood) 1rtnd)
l S — Ll }Quyo\\ + = +@,Ddl +.. T soufe-Dd 1 Py
- A ( I 4 @'Dd)
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